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20x. THEOR. 8 proportio Jueris

continua, evit quadyatum pPrimi teymini
ad quadvatum Jecund;, it primus ad ter-
Zium. Sit A:B=B:C, dico, quodA A:
BB=A:C, '
DEMONST. AC =BB(185)ergo
produdtum exeremorum AAC=ABB
rodutto mediorum(rg 1)adedque A A
' B:A:C(187) q.e.d
ELEMENTUM VL
De Trinngulis fimilibus.

202. DEF. Figure dicuncur [imiles,
quae, i differant, {ola differunt quantitg-
re.  Figurarum {imilium latera, quee
@qualibus angulis Oopponuntur, Aowiele-
&« dicimus.

203. COROL. I, Ut figurae finr fi-
miles, requiritur, & fufficir I. » Ut in utra~
que idem fir Jarerum & angulorum nu-
merus. 1L Ut latera unius omnia fint
Proportionalia Jateribus homologis 2l-
terius, L. Ut finguli anguli unius equa-
les fint fingulis alterjys,

204. COROL. II. Ut triangula fint
ﬁmilia, requiritur, & fufficir, omnes ane
gulos effe 7utus @quales, & omnia late-
ra f']i).]l()lﬂ;ﬁ_‘;.i efle proportionalia,

205, THEOR. Pm'a[la’ogramma,gm.c
bafes ®unles habent, funt wter fe, 4t al-

Litudiges
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eitudines : 7 que altitudines aquales has
et funt inter fe, ut bafes.

DEMONST. L _Siat altitudines A &
#: bafis urriusque fit B : erunt parallclos
gramma AB, &aB (165)fed AB:aB
= A :a(196) funt ergo &qualium bafium

arallelog ramma, Uit altitudines. g. e. 1.

IL Bafes finr B & b : alritudo utriuse
que fit A:erune parallelogramma AB &
Ab(1é5){edA B:Ab =B:b(196)funt
ergo qualium altirudinum parallelo-
gramma, ut bafes. q. e, 2.

206. COROL. Quia triangula fune
parallelogrammorum dimidia ( 162 )
erunt etiam @qualium bafium trianguia
inter {¢, ur altitudines : & rriangula @quas
lium altitudinum, Gt bafts (¢3)

207. PROBL. Tviangulum dividere
an quotcungue, & qualescunque partes.

SOLUTIO. L. In cadem ratione, int
qua dividendum eft triangulum,dividarur
bafis AB. 1L Ex vertice C ad punéta
divifionum duéte re¢te CO &c. divi-
dent triangulum ABC in tot wiangula
AOC,BOC &c.,in quot parres feéta
elt bafis A B:dico, ea triangula efie inter
fe, ut partes bafis AO, BO &e.

DEMONST. Omninm enim eadem
eft altitudo ( 172 ) funt ergo inter fe, e
bafes AQ, BO &ec. (206) q. e. d.

208. COROL. L. Eodem modo pa-
rallclogrammum divides in quotvis &
quasvis
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quasvis partes, hoc uno difcrimine, quod
Iineee dividences lateribus eife debeant
parallcle ¢ ici fizne roudem pasallelo-

rammi hirenia inter {€ rationem ba-
%um (2071)

209.CO) {!')LH Parallelogramn num,
item tiiangulum duplicab; 9, reiplicat
&ec., duplica: 1€ .), tripl icando &, bafia
eidem rzhié aliitudine,

210, T .E().\. ["' quovis triang«lo
ABC, /i uni lateri AB ducatur parallela
DE ; bec reliqus lateva dividit propor-
h'mz.r/rfu, nempeut fit CD:DA=CE:

DEMONST. Duéts reftis AE &
B D, habebunrtriangulaCDE & ADE
emdem altiudinem ( 172 ) idedque
CDE:ADE=CD:DA (206) ex ea-
dem rarione CDE: BDE=CE:EB.
Jam quia t viangula ADE, & BDE fing
ex hyp. inter casdem parallelas, & fups
eadem balt DE 5 erit ADE=RBDE
( 163 )in {ecnnda igitur proportions illo
huic fubftinito (22 ) et CDE: ADE
=CE:EB ()_"“ eroo ex demontra-
tisCDE:ADE=CD:DA; verit G
DA=CE:EB(s1)q.e.d.

~:1. (“O’U)L Aliaquaevisre&aD 1,
quae lateri A B parailela non eft, non di-
vider religua larera p'ofmv"tim aliter.
Quia enim CJ3 DA=CE:EF 3(210)

&CE:EBsCI: I“(1sc)cm etiam
D CD

?1

1
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CD:DA>CI:IB (52) Iraque reéta
dividens duo latera trianguliin partes
proportionales, cit lareri tertio parallela.
21>. POSTULATUM. Cuivis ra-
tioni finite fieri potefl alia @qualis.
F. 213 THEOR. Redle AC&OE,in
26. coden plano dufte, [i parallele non fint,
volutte tandem concurrunt,
DEMONST. Ducaiur A E,& ex quo-
vis rete A C punéto B ducarur BDipfi
OF parallela (73) producatur autem
AC, donec it AD : DE=AB: BC
212)dico,A C,& O E concurfuras in C.
Si negas, ex Creéte BD duci poterit
alia parallela CX (73 ) eritque AD:DX
= AB:RC(210) (ed ex conflr. ciam
AD:DE=AB:BC. Iginw AD:
DX=AD:DE(s1)adedque DX=
DE (189 ) quod guia repugaat( 20) ne-
ceffe et AC & OE in C concurrere.
g.e. d.
214, THEOR, §i duotriangula ABGC
¢ DEC habeant omnes angulos mutud
F. equales (A =D, B=E, C=C) babent
ay. etiom omia latera bomologa proportio-
nalia.

DEMONST. Anguli zquales C &
C {ibi imponantur: lateribus AC & BC
incumbent latera DC &EC(31) jam
ex byp. A=D :itaque AB & DE funt

arallele (88) unde CD:DA=CE:
B: (210, & compoinendo CD TC I?)A:

7721

Pr'«

PO
Al

Al

CA(




(r3) 38
= CD=Cr+EB: CE(19; 2 Yhoce*CA-
' CD=L3:CE

iﬂ LY E=s ]’ir.’f{.(l‘; ’J’!‘(\A'

aguliu
: oltendam,
it Omni
ut, 1 L ia
poitionali:
10- 215, COROL. L Triangula murud

[1 fm thc.qt

/s L. 3E (¢ Quia §i duo trian-
\C gnlorum: angli hmt natud equales
G €ri ?"INC»_v {t rerric ‘L,“\;(‘rm ri-
it £ ,(}h' (\ Quos ar J' ] (O8 7722¢-
X abea ‘r,lruu 1'f1Ln')~
s mologa omania habent puw‘Jmumhl =
),_. 217. COR OI IL Dero trianpulo
.l:_ aliud fimilo Ct \m“l\,s 1 duns angulos
o jus duobus iiius facias ax Jualcs,

12, THEOR, Tviangula ABC oy

<> fi babucrint wnum 4

tud "»', TPy &7 wteva civca NO'
ent {0724 !/Iu' ( Nem }‘\, f \, = Tl W E
tio- =DC iL.C) ref; iquos etiam angilos

Junles, 8 yeligna etiam latera

& Fiionalia babent, [intgue fonslia,
3C DEMONST. Alquales wm-u lhn" n-
am - @ POMatur ; Jarera DC & RO mrc' '
unt ‘I;\-‘,“ ‘*E;’{‘: ncumbent ( ,r ) 1am AC:
 OF i

ECex byp., & ﬂlf'ni'” 4
L )C LC&I9I)‘X“ LI\ ;lif’
) AC D DC BC—EC: h.\_,\i\ff'

2 id




et (g4 ) X2

idet AD:DC =BE:RC. Iginr la-
s DE larera AC & BC dividit pro-

~:tionaliter : unde AB & DE funt pa-
rallele (211) wdcogne A=D,&B=E
(37) igimr &religua larera funt propor-
tionalia, & ipfa triangula {imilia(216)
q. e. d.
219. THEOR. Similium triangule-
i XBC &7 DEF alritudines CO &

F funt inter [e; it bafes homoeloge AB
"¢ DE

o

DEMONST. Quia A= D (204) &
O =V (44) in trianguiis A OC&DVFE
erit AC : DF =CO:FV(216) 8 quia
triangul2a ABC & D EF funt ex byp. fi-
milia, erit AC: DF = AR:DE (204)
ac proinde C O:FV=AB:DE(51)

,e.d.

. 220, COROL. L Quia bafes homo-
loga reliquis lateribus homologis pro-
ortionales funt ( 204 ) eriam {imil nm
triangulorum alrimdines in bafeshomo-
looas dudte rcliquis homologis laterihus
pmportinnah’s funr, Nempe

—AB:DE=BC: EF=AC:DF.

221. COROL.1L Quia A =D,B=
(204) O=V( 44 ) patet griangula {imi-
lia ABC &DEF & pcrpen-‘.’nimlmribus
CO,&FV dividi in triangula A QC
&DVF,OBC& VEF, quorum la-
tera omnia fint p:nporti'.)zmli.x( 216)Ira-

que bafium {egmenta AQ & DV, & Q

-

CO:FV |
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& EV, in que bafesa perpendiculari-
bus dividuntur, propoitionalia ‘unt tum
alritudinibus, tum reliquis lareribus ho-
mologis.

222. PROBL. Datis in uno finnilium
triangulorum duobus latevibus AB &
AC : in altero autemn dato uno lutercD E,
sz! lateri AB bosnologum fity invenire

omelogun alterun D ¥,

SOLUTIO. 1. Multiplica AC per
DE. I Produftum divide per AB:
quotus erit fatus DF.

DEMONST. AB: AC=DE:DF

ACxDE
(204) ergo — AD =DF. (186)

q. e 'd;

223. COROL. Eodem modo inve-
nire licet trianguli alterius altitudinem,
& fegmentum bafis quodiiber; fi injpri-
mo wriangulo dentur duo rermini, & in
altero unus homologus , qui cum nve-
niendo proportinnem conitituant.

224. THEOR. In quovis & iangalo
ABC fi duétam uni lateri pavaielanm Je- E,
cat vetta CV ex angido oppofite ducts, ea *7¢
bafin AB, cique paradelam £, propor-
tionaliter jicat , ut nempe fit AV:VB
SO OR

DEMONST. A=D,v=0,B=E
(87)igiur AV:DO =CV:CO,&VB:
QE=CV:COQ(218)adedquc AV :

D3 DO
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DO=VB : OF (s1) & alternando
(191 )AV:VBe=DO:0E. q.e. d.

22§ COROL. 1. Eodem modo of-
ﬁnc.am, fi ex vertice C piures re-
&a ducantur, 4 {ing u‘f, m. partes pro-
portionaies euuu},m..v las AB & DE.

226. COROL. {1, Et fi parallele fues
rint quotcungue, omnes proportionali-
ter {ecabuntur.

227, PROBL. Rellam quamlibet DE
dividere in eadem vatione, in qua divifa
fﬂ alia l'lflt.": 78 "L_l.,.

SOLUTIO: Divife AB dividendam
o um- tirue parallelam. H.  Ver
néta caruim extrema duc reftas AC,
. EL Ex C, ubt ill& concurrunt,
pu unéta dmI\ num' V &e. duétee re-
& C V- &e. fecabunt utramque in eadem
ratione,

DEMONST. Quia AB & DE pa-
rallela fiint, fed inaequales ex hyp., non
érit ADED paraliclogrammum ( 136)
idedque AL, & BE non funt parallele
(1; p10c.a¢m ergo concurrunt! zi;)
igitur ex puncto concurfiis C reéte
utram que puldlfkmln in eadem ratio-
ne {ecant (225 ) q. e. d.

223. COROL. Habes ergo modum
dividendi redtam guamiibet in quo.u et
Pw..\&’]" ‘L:, : {ufliciet enim toudem
irm' eouales in alia quavis reéla ce-
ignare, & m\ta problema pwzcwgns
OLJM.IU. P.ODJ.
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229. PROBL. Datis tribus'Sreflis
AV ,VB,D0O, quartam proportionalem
invenire,

SOLUTIO. L. Duc parallelas indefi-
nitas AB & DE. 11 in unam transter
duas ex datis primas AV & VB :in al-
teram verd transier tertiam DO. 1L
Per punéa A & D, V & O duc recta
concurrentes in C. 1V, Ex C dutta in
B reéta CB dabit quartam proportiona-
lem QE. Dewmonftrationem habes N,

227,

230. COROL. SiduabusAV & VB
querenda fit tertia continué proportio-
nalis ; codem modo operaberis, {ecun-
dam V B transferendo in utramque pa-
railelam.

231. THEOR. 8 unus cujusvis trian-
guli AB Cangulus C bifaviam dividatur, g
duttd in latus oppofitum AB reftd CL3 5 o
evunt inter fe cjus laterss fogmenta, utl
latera veligua, Nempe AC: BCx=
AD:BD.

DEMONST. Latere B C produtto,
fiat OC=AC, & ducatur recta AO :
eritangulus AQC=0AC (116) qui-
bus fimul famptis chin zequals itACB
(112 ) erit hujus dimidium DCB=
AOC. Suntergo A QO & CD paralle-
le (82 ) unde OC:BC=AD : BD
{210) fed ex con?r. OC=AC ; ergo
AC:BC=AD:BD (22)q.c. d.

FivT

i heor.
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232, THEOR. Siin triangulovellane
F. gulo ABCex augulo recto C i hypoteni-
29. Jam ducatur pei pendicularis CL s baee il
lud dividit m dwo trienguia A Ch, &
BC D, & toti, & inter fe fimilia.
; DEMONST. I. Triangulis A BC&
il A D C communis eft angnius A, & an-
1 gulusACB=4L1 C (44 ) ettergo trian-
gulum AD C fimile toti ABC (2:6)
e 1
l JI. Triangulis ABC &BCD com=
“ munis eftangulus B, & angulus A B
‘ ‘ =BDC (44 ) igitar & rriangulum
111 BCD toti ABC fimile eft(216) q. & 2-
11 1L Quia ADC& BDC funt eidem
é ABC i demonfivatis fimilia, adeoque
i aquiangula ( 204 ) INLCT fe eriam erunt
110 ecquiangula (51 ) ac proinde inter {€ {1
I milia (217) g. €. 3.
' 233. COROL. QuiaAD Cc&BDC
| fimilia funt 3lerit AD: CD=CD:D B
A . ( 204 ) id eit, perpendicularis eft media
proportionalis intex duo fegmenta hy-
. potenulz.
! 234. DEF. Stala geometrica eftregu-
‘ i‘ gula exiibens lineam aliquatn re¢tam di-
Hi vifam in nulle partes aquales,cx qua pro-
i inde capi pofaunt quothbet iibus lincee

e

d | i partes acama, centefimee, millefimee.

l l; 23¢. SCHOL. Quentarper HUIETOS

" decimales facillimé abjolvnntut Opcratisnes
i avithnetice, jolent Geometve jevticaiit

(quot-
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(quotcunque ea pedibus vuigaribus con-
Jiet ) divideve in parvtes @quales decem,
quas vecant pedes decimalcs : pedemn quo-
que decimalein in decem pollices, pollicem
i decemn lineas pavtiuntur. Froinde fi
Jeale pars decima perticam defignet ; ex-
bivebit pars centefima pedem decimmalenn,
& pars millefimia decimalem poliicem.

236. PROQBL. Scalam geometricam
confivuere,

SOLUTIQ. I. Ducatur reéta arbitra-
rie longitudinis , quam in partes mille F.'
partici oposteat:eaque dividatur in partes, 3.
@quales decem ( 228 ) quarum hic duas
duntaxat BR, & RH exhibemus. 1l
In punétis B, R, H &e. erigantur per-
pendiculares BA, RE, HX, &c. ex
quibus prima & ultima in partes decem
zquales ( 228 ) dividatur. Il Per pun-
<ta divifionum ducanmr decem linez
reéte, linee BH (90 ) & inter {e(29)
{)araﬂclf.e, gua omnes 4 perpendiculari-
s RE,H X &c. in decem partes equa-
les fecabunrur(78) IV. Pars decima
AE,item BR fubdividatur in decem
paites aguaies {228 & divifionum pun-

ta jungantur, dutis obliquis AC &c.
dico {calam effe paratam.

DEMONTS. 1. BR, RH &ec. funt
partes decimee ex conffr. 1L BC,CD
&, funt 'r.Lcim:t partis partes  de-
cunx, adeoque totius fcale partes cen-

Dy telima:
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gefime : unde fi BR perticam defignet,
BC pedem decimalem notabit.  1lI. In
mriangulo A B C bafi B C duéte funt de-
cem parallele, adedque totidem {unt
aquiangula triangula (87) itaque AO:
AB=0I:BC(214)ficutergo AQeft
pars decimalateris AB sficenam O T eft
pars decima latetis BC - quod cum fic
{calee pars centefima, & pedem decima-
lem defigner ; patet O1 efle partem de-
cimam partis centefima, adeoque totius
{calee partem millefimam , qua proinde
pollicem decimalem defignabit. ~ Simi-
liter oftendam, quod SV quinque polli-
ces decimales defignet &c.  Porro, qua
de wiangulo ABC diximus , triangulo
7Z.ER pariter applicabis. Exhibetigi-
wur fcaia partes defideraras g. e. d.

237. PROBL. Partes quotvss ex fea-
la defurneve.

SOLUTIO. Accipienda fit pertica
una, pedes decimales tres, &9 ollices deci-
males quingue. Pede uno circini pofito
in punéto Q_quinte paraliele ( nempe
proprer quingue pollices ) alterum ¢x-
tendein Y. Intervallum QY contine-
bit parres defideratas.  Etenim Qn de-
{ignat perticam unari ; nim poilices quin-

ue : my pedes res.
A 238. %&.‘HOL. Ex hoc exenplo dif-
ces quotyis & quasvis ex{cala paiics e«
fumeie, & quor fcaie, qualésque partes
linea
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linea quaevis recta contineat, circino ex-
plorare. ld univerfim nota, quod circi-
ni pes uterque in una eadémque femper
parallela fit conftituendus.

e e e
ELEMENTUM VIL
Diftantiarum Dinzenfio.

239. DEF. Alm,alfmz geometyicam
voco tabulam plam. ', in qua extenfum
& pauéuld cerd affixsum  eft folium
chaite  albe, Chartee imponitur
regula dxq tris inftruéta , ]u\ta quam
pm nbagine dudlis reftis lineis angulus
qlul")uv, vticus fac :lm.lc,dmmmu. Ba-
culo i podw menfula im pcmtm , ut ho-
mo erectas dioptris uti poflit.

240. PROBL. ifetividiffantiamBR,
ad cugus folum tunium Raccedere liceat, 3
SOLUTIO. L. Per menfulam. L In

q”(ms punéto S baculo ﬁxo puﬁ[( que
i R menfuli,charte imprime pum.um
A refpondensterree punctoR. 1L Huic
punéto A applica unam regule extre-
mitatem , & alteram verte, donec per
dioperas ‘zu}"m it punétum B @ jux-
ta reguiam fic pofitam duc rectam Ad.
Tum versa verivs baculn rn.. Umfv.
reguia (imul tamen p "I‘Lul A applicatd)
eodem mododuccsieflam AU - ita de-
lineatus

F.

I.
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