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SOLUTIO. L In O fixo baculo, con-
tinuetur reéta BO verfus C ¢6) 1. Per
O ducreétam AD, & fac A O=DO.
IIl. Fixis in A & D baculis, metire an-
gulum A (98 ) eique fac eequalem D (99)
cujus crus D C, ubi retam B C fecat in
C, fige baculum. IV. Merire reftam
O C: haecenim diftantiee B O 2qualis eft.

DEMONST. A =Dexconfiv.,AOB
=COD(74) & AO=DO ex conftr.,
erco BO=0OC(37)q.cd.

132. PROBL. Metiri angulum inaccefa
Jum A QB.

SOLUTIO.L CruraA O & BOcon-
tinuentur verfus C & D (¢) 1L Fixis
in C & D baculis, mertire angulos C & D
(98) III. Horum fummam {ubtrahe ex
130 : relinquetur angulus COD (104)
cui equalis et AOB(54)q. e. i
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ELEMENTUM 1V,

De Quadrilateris, & Triangulis.

133. DEF. Quadrilaterum dicitur fu-
gcrﬁci ¢s plana, cujus perimeter quatnor
untaxat reétis lineis ad quatuor angulos
conjunctis conftar.  Reéta ab uno angu-
lo ad angulum oppoficum ducta diago-
nalis appellatur.,
134. THEOR.Omuis quadvilateri qua-
tuoy anguli fimul fumpti vajent quatuor ve-

¥os, ~ Demonfk,
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F. DEMONST. Du&i diagonali erit
18 CtBtV =180 gr.;, & AtOtl=180

gr. ( 103 )omnes ergo fimul valent 360
gr., feu quaruor rectos: q. ¢ d.

135. DEF. Quadrilatertim, cujus bis
na queevis oppofira latera Al & BV,
A Q &BC,; parallela funt,dicitur paralles
logrammuin : quadrilaterun ; quod pas
rallelogrammuin non eft, vocatur trape-
Zium,

136. THEOR.Oppofita parallelogram-
mi lateva fuint equalia, :

DEMONST. Du&i diagonali eric
0 =C,& I =V(81)quiaergo 10 =10y
erit AO=BC., & AI=BV(37)q.¢e.d,

137. THEOR. Oppofiti in parallelos
Qrammo anguli &guales [unt:

DEMONST. Ducid diagonali erit
O=C, &=V (81) idedque um O F
V=Ctl (21) q. e. 1. Tum etiam Ot
=C+V(21)ac proinde A=B (110}

8,2, _
138. THEOR. Quadyilatevum babens
bina quevis oppofita latera @qualia, off
pavallelogranymuni.

DEMONST.SiAQO=BC, &Al=
BV;duétidiagonali eritetiam 1 O =10,
idedque L. O =C ( 37 )proimieAO &
BC funt paraliele (82) H. V=I(37)
idedque A1 & BV funr parallele (82)
iraque quadrilaterum iilucll eft paraliclo~
grammum (13§) . ¢.d.

. Theor:
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139. THEOR. Quadrilaterum dué
babens latera AO & BC aqualia fimul,
&’ parallela, ef pavallelogrammum,

DEMONST. Dutta diagonali eft C
= (g1 )quiacrgo AQ=BC exbyp.,
&10=10;eric etiam Al =BV (3¢)
adedque quadrilaterum illud eft paralle-
logrammum ( 138 ) q. e.d.

140. THEOR. Diagonalis paralleloe
grammum dividit iu duo triangula equae
11:{1.

DEMONST. AO=BC, & Al=
BV (136 )dein IO =10 : funt erga
triangula 2equalia (37) q. e. d.

141. DEF. Parallelogrammum fi om-
nes angulos habuerit reétos,redangulum s
{ecus obliquangidum vocatur. Reétangu-
lum fi omnia [atera habet =qualia, guase
dratwn : fecus oblongumappellatur, Obe
liquangulum fi omnia latera @qualia has
bet, Rhombus: (ecus Rhemboides dicitur.

142. DEF. Magnitudinem aliquam
metivi eft invenire, quoties ea contineat
aliam magnitudinem jam notam, quam
menfuram dicimus.

143. COROL. Menfuramenfurando

ymogenea fit oportet : id efty lineze lis
neis, fuperficies {liperficichus, & corpo-
ra corporibus menenda fint.

. 144, DEF. Menfura, qui [ineas me-
mur, fimplex appeilatur, ¢que pro cu-
Jusvis loci confuetudine cerra quaedam

: longi-
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longitudo.  Soler adhiberi pertice, quas
exhiber lineam aliquam reétam in cer-
tas partes equales divifam. Hic Aquis-
grani pertica fimplex continet pedes 16:
pes pollices 12 : pollex 12 limeas. At
fuperficies metimur menfind quadratd,
id eft, quovis quadrato. Nempe quadra-
tum, cujus quodliber latus perticam fim-
plicem adequat, pertica quadrata dici-
tur : & quadratum, cujus lams pedem
fimplicem adeequat, pes quadyataes appel-
latur &e.  Metiri itaque fuperficiem ali-
quam nihil eft aliud, quim invenire, quot
perticas quadratas , aut gquot pedes qua-
dratos &c. illa contineat. Hic Aquisgra-
ni, Ut audio, 150 perticee quadrare effi-
cunt Fugerum.

145. THEOR. Parellelogrammi ve-
anguli magnitudo babetur, muitiplican-
do inter [e duo latera contigua.

DEMONST. Latus BC dividatorin
quotvis partes quales BS,SV &c, &

er punéta divifionum ducantur redte
gX &e. latert AB, adedque & inter f&
(89) parallele.  Dein latus A B divida-
turin partes BE, E1 &c. partibus BS &e.
aquales, duflisitidem reétis EL, IR &c.
lateri BC & inter (¢ parallclis. Jam cim
anguli A, B, C, D reél fint( 141 ) lince
jam duéte ad angulos reétos f¢ fecabunt
( 87 ) five altera alteri perpendicu-
laris erit(78) Cellulz igitur, in guas to-
um
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rum paralleloorammum divifum eft,fine
mera qad-ara ; quoniam & angulos oma
nes rectos habenn & latera omnid aqualia
(72)flergo £ Baut BSficpes fimplex,erit
cellula £ 350 (idem di¢ de reliquis )
pes quadratis (144) Jam vero patet,
quod rectangulum EB CL cellulas con-
tineat tot, in quot partes divifum cft la-
tus B C: bis verd tor éellulas habedr res
¢tangulum 1B CR, ter tor reGangulum
ABCD &c. & generatim gitot partes ha=
bet latus B C, tor cellilas conrinet torum
rectangulum rories, quot partes haber la=
tus altertim contigium A B. Totus ergo
cellularum, feu pedum giiadratortim nu-
merus, {eu totius rectangtili magnitido
{20)obtinetur,fumendo'partes lateris BC
toties, -quot ejusmodi partes haber latus
AB:idett, multiplicaindo ommnes fimul

utesunits per omnes fimul alterins,fen
?10) totum latis BC per totum latus
contiguum A B. q. . d.

146. CORQL. I. Qia quadratiim eft
rectangulim, & omnia ldrerd qualia
habet (141 ) qiadrati magnirudo obtine-
tur, latus unum per {€¢ ipfiim muldpli=
cando. :

147. COROL. 1. Hing rioto latere;
feu radice quadrad innotefcer ipfum
quadratim: :

148. COROL. 1L Quadritorum
Equalivm mutud a:quéiia funt latera: &
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fi quadratorum latera mutud qualia fints
ip{a quoque quadrata {unt qualia.

149. COROL. 1V. Noti quadrati la-
tus innotefcet per extradtionem radicis
qua rata.

150. SCHOL. Ex dato numero extra-
beve vadicem quadvatam eft invenive alium
nuincruin, qui per fe ipjuin multiplicatus
producit numevum datum. Ita ex 16 ex-
trabitur vadix 4 : ex 9 radix 3 ¢°c. Re-
gulas pro extraltione radicum tradit
Arithmetica,
~171. DEF. Bafis figure eft_quodvis
ejus latus, cui figura infiftere concipitur:
vertex eft punétum figuraea bafi remotif-
fimum: a/titudo eft perpendicularis ducta
ex vertice in bafin,{iopus eft,produtam.

1¢2. COROL.Duo triangula AD C,

F. & BDC, quorumcommunis eft vertex
15. C, & bales in eadem funt reéta AB,

habent eandem alcditudinem ( 6o0)

173. DEF. Duz figure dicuntur pe-
fite inter easdem parallelas, fi vertices
in una, & bafes in altera exiftant paral-
lela linea.

174. COROL.L Figurarum inter eas-
dem parallelas pofirarum altitudines funt

erpendiculares * vy 1) inter duas paral-
elas comprehenfz.

177. COROL. IL Figurarum ergo
inter casdem parallelas pofitarum aqua-

{es funt alditudings (72)
Corol,

-
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1¢8. COROL, 111, Ft quoniam fipep
una recta duclis duabus perpendiculari-
bus @qualibus, qua per harum rerminos
ducitur reéta linea priori reéte parallela
eft (90) porerunt figure, qua ®quales
habenr altitudines, conftitui inter casdem
parailelas.

157. COROL. IV, Quz erqo de fi-
guris inter easdem paraliclas pofitis di-
cemus, intelligi etiam debent de figuris
quales altitudines habentibus,

158. THEOR. Parallelogyamma quz- 3
2is ABCD, & OSCD Super eademnba- " °
ft CD pofita inter casdem parallelas A S
& CL, funt pqualia.

DEMONST.AC =BD,&0C =SD,
AB=CD,CD=0S(: 36)quarc AB 5
OS(51)adde urrimque B G : exir etiam
AQ =BS (21)equaliacrgo funtrriangula
ACO & BDS(35) utrique ergo {i de-
mas partem communem BOV, & ejus
loco addas urrigue partem CDV, pro-
dibunt ABCD & OSCD parallelo-
gramma wequalig (21 )g. e. d.

119, COROL. Aqualia fant paralle-

Ogramma, quorum aquales funr bafes,
& @quales alriradines (157)

160. AXIOMA. Que funt equalium
dupla, tripla 85c,: vel dimidia, pavtes tev-
tie ¢, equalia funt.

161, THEOR. Siinter easdem paral-
Velas fuerit paralielogramumm ABCD,E,‘

&
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F. ¢ trigngulum D OL, quorum bafes CD
a1, & DL wquales fint ; evit pavallslograme
wumn trianguli duplum.
DEMONST. Lateri DO duéti pa-

| rallelA LS, erit OSD L parallelogram-

mum ( 137 ) @quale parallelogrammo
ABCD(17¢ & 1§9)ecorum ergo etiam
dimidia =qualia erunt (;f3 ) Jam trian-
1 guium DOL et dimidium parallelo-

rammi O SDL ( 140) ergo triangulum
D OL dimidio parallelocrammi ABCD
w zquale eft : hoc ergo illius duplum eft.
v, O

i 1 q
i 162. COROL. Parallclogrammum

! trianguli duplum eft, {i & bafes aquales
fuerint, & altrudines (1§7)

163. THEOR. Friangula CBD &7
D OL inter easdemn pavallelas pofita, fi
i bafes CD & DL @quales babeat, funt

1 equalia.

DEMONST. Lareri BD ducatur pa-

' 4 rallela A C: erit ABCD parallelogram-
i .

. mum (131 duplum utriusque trianguli
:i ( 161 )urrumque ergo citejusdem paral-
3 lelogrammi dimidiums funt ergo equa-

164. COROL. ZAqualia funt triangu-
la, quorum & bafes, & altitudines aqua-
les fumc (177)
‘ g 165 THEOR. Cujusvis pavallelo-
! ‘ grammi QS CD magnitudo produciturs
20 Snultiplicando bafin CD per altitudinens
SL., Demontt

. “ la(160)q.e d.

ENrT et A
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DEMONST. Sup 1 Ux 1em bafi CD

inter easdem paraliclas pohuun {it re-
&angulum ABCD : erit ABCD =
CD:x:f\C (145) fed AC= bL('zz)
ergo ABCD= CD<SL ( 22 ) jam
QOSCD=ABCD (178)igitur OSCD
=CDXSL(f1/q.c.d

166. COROL. 1 §iergo bafis mul-
tiplicetur per femiitem ﬂlurudlms, vel al-
titudo per femiifem bafis ; prodibit pa-

raliclogrammi dimidium ,d eit, riangu-
him cum parillelogrammo & ba fin &2
titudinem habens @qualem (162)

167. COROL. 11 Cuiusvis e1 go rrian-
guu marmm'do ’ﬂ betur, mult 1pucmdo
vel bafin per {femiflem mmm.ln“.\ el al-
ntudinem per emifiem balis : vel tord
bafi per totam altitudinem multiplicard
fumendo pi oduth dimidium.

162. DeF. Triangulum ret nﬁjgvﬁ:m
AB(;L}L,‘U‘}USUIHIS wguius Credtuseft: F.
latus A B angulo reéto oppofitum veca- 22.
tur ][,potuug.z.

169. THEOR. Dato quOvis triangu-
lo rectangulo, quadramm hypotenui
equale it qL radraiis laterum relquorum
{imul 1’u.npt 5.

D}* MONST. Ducantur rcf’c“’ AL,
Cr ,u‘n sque AD & Bl ex ¢ ’nlo
recto par ,n 11 CE, qu "b'”dlfl‘ulh h y-
potenuledividetin duo parallclog
nia A,,.L,‘\, SERBI, ex quib

C; quadrate
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guadrato COL B,illud quadrato ASV C
oftendam effe ®quale. Nam quia qua-
drara anguiosin B re&tos (141) idedque
sequales (44 ) habent, addiro utrimque
angulo ABC eritangulus ABL =CBI
(21 )quizergo CB=LB, & BI=BA
( 141 ) ®quaha funt triangula ABL &
CBI(36) Porro quia angults C tam
in quadraro ( 141 )quam in triangulo re-
&us eft, efficient AC & CO unam re-
&am (49) lateri BL. parallelam (137)
unde wiangtlimt ABL cum quadrato
COL B fiper eadém bafi BL politum eft
inter easdem para‘lelas A O & BL:igirur
triangulum ABL eit dimidium quadrati
COLB (161) Ex eadem ratione trian-

lum C B1eft dimidium parallelogram.
mi ERBL Igiwr COLB, & ERBI
func eequalium triangulorum dupla : funt
ergo ®qualia (160) g. e. 1. , Kodem
modo,dutisexBin S, & exCin D, re-
<tis, oftendam, quod ADER =ASVC.
q. e. 2. Igitr COLB ASVC=
ERBItADER (21)q. e. d.

170. SCHOL. Brevitatis causd qua-
dvatum cujusvis line@ defignaturi, poft li-
meolain fupra litevas duttam numerum bis

s 2y
pavium [cribimas * fic AB indicat quas
dratum linze AB.
17:. COROL. L Siin triangulo re-
&angulo nota finr duorum laterum quas
, drata 3
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drata ; innotefcer quadratum tertii vel
additione, vel fubtracione. Quia enim

—2 — —2 s 2 —
AC{BC=AB(169) eiamBC=AB

i e )

~AC,&AC=AB—~BC(z21)

172, CQROL. ik Si duo rrianguli
rectanguli latera nota {int; facilé inveni»
tur tercium,. Nota enim {unt duorum
quadrarta ( 147 )adeoque innotelcet qua-
dratum tertii ( 171 ) & hinc ipfam latus
tertium (149)

173. SCHOL. Qud ratione parallelo-
Grammum quodvis dejcribendum [it, faci-
4 intelliget, qui modwmn ducende pev da-
tum punctum pavallele, s pevpendicularis
n0m 1gROraverit.

174. PROBL. Facere quadratumduoe
bus, tribus, &5 quotcunque aliis @quale.

SOLUTIO. I. Latera duoruin datorum
junge ad angulum re&tum : his filbzenfa
hyporenufa crit latus quadrati,quod duoe
bus primis fimul fumptis @quale eft (169)

i, Huic hypotenufz ad angulum re-
<tum junge latus quadrad rertu dati: du-
&t hypotenufa altera erit latus quadrad,
quod equale eft quadraris reliquorum la-
terum, id eft ribus datis. Ira porro per-
gendo quorcunque daris quadraris facies
unum aquale, illud nempe, cujus larus eft
hyporenufa vldrma.

37¢. PROBL. Agrum , aut Juperfi-

C3 s
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ciem quamlibet plagam reliliveam mes
tirz,

SOLUTIO. Si fuetitmetiendum trians
gulum ABC, perticametire latus unum
AB, in quod ¢x angulo oppofito duéta
perpendicularis COQ ( 100 ) erir tlan-

* guli alttudo( 1¢1) per cujus dimidium

&j "“'multiplica bafin AB: & prodibit trians

guli magnitudo ( 167)

H, Si fuperficies non fuerit triangula-
1is ; divide eamin mera triangula, dudtis
€x uno angulo in relighos lin¢is reétis ;
fingula heec rriangula metire modo jam
ditto, iisque in unam fummam colleltig
nota erit rotius fuperficicimagnitudo(20)

176. SCHOL. Compendium aliguod
laboris facies, fi quoties fieri potefi, unam
Jumas duovum triangulorum communemn
bafin AB, in quam ex avgulis C & D
perpendiculares CO & DV duci poffine,

Vo e e Y e Y

ELEMENTUM V.
De Ratione, & Proportione
Geometrica.

177, DEF, Dum queesimus, quanam
fit vatio magnitudinis unius ad aliam, ni
hil aliud queerimus, quarn quoties prima
contincat fecundam, ltaque Geonetiie
€4 ratio ¢it modus, GHO n;agnitudo pris
4114
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